1. Introduction. A finite polyhedron is constructed which enables us to answer the following questions in the negative.
(1) Is the fixed point property a homotopy type invariant in the category of finite polyhedra?
(2) Is the fixed point property a product invariant in the category of finite polyhedra, i.e. if K\ and K% have the fixed point property, does K1XK2 have the fixed point property?
The author is indebted to Professor Edward Fadell for bringing these questions to his attention, and pointing out that if one found a polyhedron with the fixed point property and yet admitted a map with even Lefschetz number, then these questions could be answered.
2. The example. Let
where P 2 (C) and P^C) are complex projective spaces, S\ and S 2 are 2-spheres, and the following identifications are made. Letting (61, b*)£:SiXS2 be a base point, Pi{C)<ZP%(C) is identified with S1X&2 and Pi(C)CPé(C) is identified with biXS*.
The cohomology ring structure of X over the rational field Q is given by:
with generator 1, PROOF. Let/: X-*X denote any map and suppose ƒ * (a) =aa+&/3, f*(fi) = ca+d/3. Let g denote the composite
Pt(C)^xLx^P 2 (C)
where r is the retraction which sends S1XS2 onto S1X&2 and Pé(C) onto (61, b 2 ). lîaiEH 2 Just apply Theorem W to IUJF, the union of X and Y joined along an edge.
Since REMARKS. Note that all the above examples are simply connected. We might also mention that, using [l] and [2] , the fixed point property is a homotopy type invariant in the category of polyhedra of dim>2 having the homotopy type of simply connected, closed topological manifolds.
